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ON DENOTING

nv a 'denoting phrase' I mean a phrase such as any one of the
lollowing: a man, some man, any man, every man, all men, the
prcsent King of England, the present King of France, the centre
ol mass of the solar system at the first instant of the twentieth
lcnturf, the revolution ofthe earth round the sun, the revolution
rl the sun round the earth. Thus a phrase is denoting solely in
virtue of itsform. We may distinguish three cases: (r) A phrase
rrury be denoting, and yet not denote anything; e.g., 'the present
l(ing of France'. (z) A phrase may denote one definite object;
r.g., 'the present King of England' denotes a certain man. (3) A
;rlrrase may denote ambiguously; e.g., 'a man' denotes not many
trrcn, but an ambiguous man. The interpretation of such phrases is
l rnatter of considerable difficulty; indeed, it is very hard to frame
rrry theory not susceptible of formal refutation. All the difficulties
with which I am acquainted are met, so far as I can discover, by
thc theory which I am about to explain.

'Ihe subject of denoting is of very great importance, not only in
h,gic and mathematics, but also in theory of knowledge. For ex-
rrnple, we know that the centre of mass of the solar system at a
rk'finite instant is some definite point, and we can affirm a number
ol propositions about it; but we have no immediate acquaintance
with this point, which is only known to us by description. The
rlistinction between acquaintance and knwslcdge about is the dis-
tinction between the things we have presentations of, and the
tlrings we only reach by means of denoting phrases. It often
h:rppens that we know that a certain phrase denotes unambigu-
orrsly, although we have no acquaintance with what it denotes; this
rx'curs in the above case of the centre of mass. In perception we
lr:rve acquaintance with the objects of perception, and in thought we
llrve acquaintance with objects of a more abstract logical character;

4r



42 LOGrC AND KNOWLEDGE

but rve do not necessarily have acquaintance with the objects
denoted by phrases composed of words with whose meanings we
are acquainted. To take a very important instance: there seems
no reason to believe that we are ever acquainted with other people's
minds, seeing that these are not directly perceived; hence what
we know about them is obtained through denoting. All thinking
has to start from acquaintance; but it succeeds in thir.Jrring about
many things with which we have no acquaintance.

The course of my argument will be as follows. I shall begin by
stating the theory I intend to advocate;* I shall then discuss the
theories of Frege and Meinong, showing why neither of them
satisfies me; then I shall give the grounds in favour of my theory;
and finally I shall briefly indicate the philosophical consequences
of my theory.

My theory, briefly, is as follows. I take the notion of the variable
as fundamental; I use'C (r)' to mean a propositiont in which r is a
constituent, where r, the variable, is essentially and wholly un-
determined. Then we can consider the two notions 'C (r) is always
true' and 'C (*) is sometimes true'f. Then exerything and nothing
and sonething (which are the most primitive of denoting phrases)
are to be interpreted as follows:

C (everything) means 'C (.r) is always true';
C (nothing) means '"C (*) is false" is always true';

, C (something) means 'It is false that "C (.r) is false" is always
true'.$

Here the notion 'C (.r) is always true' is taken as ultimate and
indefinable, and the others are defined by means of it. Eonything,
nothing, and something are not assumed to have any meaning in
isolation, but a meaning is assigned to every proposition in which
they occur. This is the principle of the theory of denoting I wish

I I have discusred this subject in Pinciples of Mathcnatics, Chap. V,
and $ 476, The theory there advocated is very nearly the sarne as Frege's,
and ie quite different from the theory to be advocated in what follows.

t More exactly, a propositional function.

I The second of these can be defined by means of the first, if we take
it to mean, 'It is not true that "C (r) is false" is dways true'.

$ I shall sometimes use, instead of this complicated phrase, the phrase
'C (r) is not always false', or 'C (r) is sometimes true', supposed, dzfined
to rnean the same as the complicated phrase.
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Suppose now we wish to interpret the proposition, , I met a man'.
It this is true, I met some definite man; but that is not what I
affirm. What I affirm is, according to the theory I advocate:

t "f met r, and r is human" is not always false'.

Generally, defining the class of men as the class of objects having
the predicate human, we say that:

'C (a man)' means ' "C (*) and r is human" is not always false'.
This leaves .'a man', by itself, wholly destitute of meaning, but
gives a meaning to every proposition in whose verbal exprission
'a man' occurs.

'All men are mortal' means ' "ff r is human, r is mortal" is always
true'.

This is what is expressed in symbolic logic by saying that ,all men
are mortal' means t t'r is human" implies ,,* is mortal" for all
values of r'. More generally, we say: I

'C (all men)' means ' "ff r is human, then C (r) is true" is always
truet.

Similarly
'C (no men)' means ' "ff r is human, then C (r) is false" is always

true'.
'C (some men)'will mean the same as .C (a man)',t and

* As has been ably argued in Mr. Bradley's Logic, Book I, Chap. II.

. f Psychologically 'C (a man)' has a suggestion of only one, and .C
(some men)' has a suggestion of more than oie; but we may neglect these
suggestions in a preliminary sketch.
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'C (a man)' means 'It is false that "C (r) and r is human" is
always false'.

'C (every man)' will mean the same as 'C (all men)'.

It remains to intelpret phrases containing fie. These are by far
the most interesting and difficult of denoting phrases. Take as an
instance 'the father of Charles II was executed'. This asserts that
there was an * who was the father of Charles II and was executed.
Now ffte, when it is strictly used, involves uniqueness; we do, it is
true, speak of ' tlze son of So-and-so' even when So-and -so has several
sons, but it would be more correct to say '4 son of So-and-so'.
Thus for our purposes we take tfre as involving uniqueness. Thus
when we say 'r was the father of Charles II' we not only assert that
r had a certain relation to Charles II, but also that nothing else had
this relation. The relation in question, without the assumption of
uniqueness, and without any derioting phrases, is expressed by

'r begat Charles II'. To get an equivalent of '* was the father of
Charles II', we must add, 'If y is other than x, y did not beget
Charles II', or, what is equivalent, 'lf y begat Charles II, y is
identical with r'. Hence'* is the father of Charles II'becomes:
'r begat Charles II; and "if y begat Charles II, y is identical with
r" is always true of y'.

Thus 'the father of Charles II was executed' becomes: 'It is not
always false of r that * begat Charles II and that r was

' executed and that "if jl begat Charles II, y is identical with *"
is always true of y'.

This may seem a sorrlewhat incredible interpretation; but
I am not at present giving reasons, I am merely stating the
theory.

To interpret 'C (the father of Charles II)', where C stands for
any statement about him, we have only to substitute C (r) for
'r was executed' in the above. Observe that, according to the
above interpretation, whatever statement C may be,'C (the father
of Charles II)' implies:

'It is not always false of * that "if y begat Charles II, y is
identical with.r" is always true of y',
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_ The above gives a reduction of all propositions in which denoting
phrases occur to forms in which no such phrases occur. Why it is
imperative to effect such a reduction, the subsequent discussion
will endeavour to show.

The evidence for the above theory is derived from the difficurties
which seem unavoidable if we regard denoting phrases as standing
for genuine constituents of the propositions in whose verbal ex-
pressions they occur. Of the possible theories which admit such
constituents the simplest is that of Meinong.* This theory regards
any grammatically correct denoting phrase as standing for an
object. Thus 'the present King of France', ,the round square',
etc., are supposed to be genuine objects. It is admitted thai such

square is round, and also not round, etc. But this is intolerable; and
if any theory can be found to avoid this result, it is surelv to be
preferred.

century, etc., are constituents of the meanitry; but the dmotation

' pe9 Uyttercuchungen zur Gegmstandstheorie und psychologie (Leipzig,
r9o4) the first three articles (by Meinong, Ameseder and Maly ,"rp.J-
tively).

t See his 'IJeber Sinn und Bedeutung', Zeitschift fiir phil. und phil.
Kitih, Vol. roo.



46 Locrc AND KNoWLEDGE

has no constituents at all.* One advantage of this distinction is
that it shows why it is often worth while to assert identity. If we
say 'Scott is the author of. Waverley', we assert an identity of
denotation with a difference of meaning. I shall, however, not
repeat the grounds in favour of this theory, as I have urged its
claims elsewhere (loc. cit.), and am now concerned to dispute
those claims.

One of the first difficulties that confront us, when we adopt the
view that denoting phrases cx?ress a meaning and denote a denota-
tion, t concerns the cases in which the denotation appears to be
absent. If we say 'the King of England is bald', that is, it would
seem, not a statement about the complex meaning'the King of
England', but about the actual man denoted by the meaning. But
now consider 'the King of France is bald'. By parity of form, this
also ought to be about the denotation of the phrase ' the King of
France'. But this phrase, though it has a meaning provided 'the
King of England' has a meaning, has certainly no denotation, at
least in any obvious sense. Hence one would suppose that 'the
King of France is bald' ought to be nonsense; but it is not non-
sense, since it is plainly false. Or again consider such a proposition
as the following: 'If u is a class which has only one member, then
that one member is a member of i, or, as we may state it, 'If z is a
unit class, the u is a a'. This proposition ought to be always true,
since the conclusion is true whenever the hypothesis is true. But
'the a'ois a denoting phrase, and it is the denotation, not the mean-
ing, that is said to be a a. Now if u is not a unit class, 'the u' seems
to denote nothing; hence our proposition would seem to become
nonsense as soon as z is not a unit class.
' Now it is plain that such propositions do not become non-

I Frege distinguishes the two elements of meaning and denotation
everlnvhere, and not only in complex denoting phrases. Thus it is the
meanings of the constituents of a denoting complex that enter into its
meaning, not their denotat#n. In the proposition 'Mont Blanc is over
r,ooo metres high', it is, according to hirn, the mcaning of 'Mont Blanc',
not the actual mountain, that is a constituent of the meaning of the pro-
poeition.

t In this theory, we shall say that the denoting phrase expresses a mean-
ing; and we shall say both of the phrase and of the meaning that they
denote a denotation. In the other theory, which I advocate, there is no
meaning, and only sometirnes a dmotatian,
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sense merely because their hypotheses are false. The King in
The Tempest might say, 'If Ferdinand is not drowned, Ferdinand
is my only son'. Now'my only son' is a denoting phrase, which,
on the face of it, has a denotation when, and only when, I have
exactly one son. But the above statement would nevertheless have
remained true if Ferdinand had been in fact drowned. Thus we
must either provide a denotation in cases in which it is at first
sight absent, or we must abandon the view that the denotation is
what is concefned in propositions which contain denoting phrases.
The latter is the course that I advocate. The former course may
be taken, as by Meinong, by admitting objects which do not sub-
sist, and denying that they obey the law of contradiction; this,
however, is to be avoided if possible. Another way of taking the
same course (so far as our present alternative is concerned) is
adopted by Frege, who provides by definition some purely con-
ventional denotation for the cases in which otherwise there would
be none. Thus 'the King of France', is to denote the null-class;
'the only son of Mr. So-and-so' (who has a fine family of ten), is to
denote the class of all his sons; and so on. But this procedure,
though it may not lead to actual logical error, is plainly artificial,
and does not give an exact analysis of the matter. Thus if we allow
that denoting phrases, in general, have the two sides of meaning
and denotation, the cases where there $eems to be no denotation
cause difficulties both on the as'sumption that there really is a
denotation and on the assumptign that there really is none.

A logical theory may be tested by its capacity for dealing with
puzzles, and it is a wholesome plan, in thinking about logic, to stock
the mind with as many puzzles as possible, since these serve much
the same purpose as is served by experiments in physical science.
I shall therefore state three puzzles which a theory as to denoting
ought to be able to solve; and I shall show later that my theory
solves them.

(r ) If a is identical with D, whatever is true of the one is true of the
other, and either may be substituted for the other in any proposi-
tion without altering the truth or falsehood of that proposition.
Now George IV wished to know whether Scott was the author of
Waveiley; and in fact Scott was the author of Waanley. Hence
we may substitute Scott fot the author of 'Wavnley', and thereby
prove that George IV wished to know whether Scott was Scott.
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Yet an interest in the law of identity can hardly be attributed to
the first gentleman of Europe.

(z) By the law of excluded middle, either 'l is B' or 'l is not B'
must be true. Hence either 'the Present King of France is bald' or

'the present King of France is not bald' must be true' Yet if we
enumerated the things that are bald, and then the things that are
not bald, we should not find the present King of France in either
list. Hegelians, who love a synthesis, will probably conclude that
he wears a wig.

(3) Consider the proposition 'l differs from B'. If this is true,
there is a difference between A and'B, which fact may be expressed
in the form'the difference between A and' B subsists'. But if it is
false that I difiers from B, then there is no difference between .t{
and B, which fact may be expressed in the form 'the difference
between A andB does not subsist'. But how can a non-entity be the
subject of a proposition? 'I think, therefore f am' is no more evi-
dent than 'I am the subject of a proposition, therefore I am',
provided 'I am' is taken to assert subsistence or being,* not exist-
ence. Hence, it would aPpear, it must always be self-contradictory
to deny the being of anything; but we have seen, in connexion with
Meinong,that to admit being also sometimes leads to contradictions.
Thus if A and B do not differ, to suPPose either that there is, or
that there is not, such an object as 'the difference between A and
B' seems equally impossible.

The relation of the meaning to the denotation involves certain
,.ih., curious difficulties, which seem in themselves sufficient to
prove that the theory which leads to such difficulties must be
wrong.

When we wish to speak about the meaning of a denoting phrase,
as opposed to its denotation, the natural mode of doing so is by
inverted commas. Thus we say:

The centre of mass 9f the solar system is a point, not a denoting
complex;

'The centre of mass of the solar system' is a denoting complex,
not a point.

Or again,
The first line of Gray's Elegy states a proposition.

r I use these as synonyms.

oN DENOTTNG +g

'The first line of Gray's Elegy' does not state a proposition. Thus
taking any denoting phrase, say C, we wish to consider the relation
between C and 'C', where the difference of the two is of the kind
exemplified in the above two instances.

We say, to begin with, that when C occurs it is the denotation
that we are speeking about; but when'C'occurs, it is the mcaning.
Now the relation of meaning anil denotation is not merely linguis-
tic through the phrase: there must be a logical relation involved,
which we express by saying that the meaning denotes the denota-
tion. But the difficulty which confronts us is that we cannot suc-
ceed in both presewing the connexion of meaning and denotation
and preventing them from being one and the same; also that the
meaning cannot be got at except by means of denoting phrases.
This happens as follows.

The one phrase C was to have both meaning and denotation.
But if we speak of 'the meaning of C', that gives us the meaning
(if any) of the denotation. 'The meaning of the first line of Gray's
Elegy' is the same as 'The meaning of "The curfew tolls the knell
of parting day" r' and is not the same as 'The meaning of "the first
line of Gray's Elegy".' Thus in order to get the meaning we want,
we must speak not of 'the meaning of C', but of 'the meaning of
"C",' which is the same as 'C' by itself. Similarly 'the denotation
of C' does not mean the denotation we want, but means something
which, if it denotes at all, denotes what is denoted by the denota-
tion we want. For example, ,let 'C' be 'the denoting complex
occurring in the second of the above instances'. Then

C : 'the first line of Gray's Elegy', and

the denotation of C : The curfew tolls the knell of parting day.
But what we meant to have as the denotation was 'the first line of
Gray's Elegy'. Thus we have failed to get what we wanted.

The difficulty in speaking of the meaning of a denoting complex
may be stated thus: The moment we put the complex in a pro-
position, the proposition is about the denotation; and if we make
a proposition in which the subject is 'the meaning of C', then the
subject is the meaning (if any) of the denotation, which was not
intended. This leads us to say that, when we distinguish meaning
and'denotation, we must be dealing with the rneaning: the mean-
ing has denotation and is a complex, and there is not something
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other than the meaning, which can be called the complex,
and be said to have both meaning and denotation. The right
phrase, on the view in question, is that some meanings have
denotations.

But this only makes our difficulty in speaking of meanings more
evident. For suppose C is our complex; then we are to say that C
r the meaning of the complex. Nevertheless, whenever C occurs
without inverted commas, what is said is not true of the meaning,

that will occur, and there is no backward road from denotations
to meanings, because every object can be denoted by an infinite
number of different denoting phrases.

Thus it would seem that 'C' and C are different entities, such
that'C' denotes C; but this cannot be an explanation, because t}te
relation of 'C'to C remains wholly mysterious; and where are we
to find the denoting complex 'C' which is to denote C? Moreover,
when C occurs in a proposition, it is not only the denotation that
occdrs (as we shall see in the next paragraph); yet' on the view-in
question, C is only the denotation, the meaning being wholly rele-
gated to 'C'. This is an inextricable tangle, and seems to Prove
ihat the whole distinction of meaning and denotation has been

I
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can be relevant. Thus the point of view in question must be
abandoned.

It remains to show how all the puzzles we have been considering
are solved by the theory explained at the beginning of this article.

According to the view which I advocate, a denoting phrase is
essentiallypart of a sentence, and does not, like most singlewords,
have any significance on its own account. If I say'Scott was a man',
that is a statement of the form '# was a man', and it has 'Scott' for
its subject. But if I say 'the author of Waouley was a man', that is
not a statement of the form '.1 was a man', and does not have ,the

author of Waoulry' for its subject. Abbreviating the statement
made at the beginning of this article, we may put, in place of ,the
author of Wazterley was a man', the following: lOne and only one
entity wrote Waaeilc1t, and that one was a man'. (This is not so
strictly what is meant as what was said earlier; but it is easier to
follow.) And speaking generally, suppose we wish to say that the
author of Waonley had the property {, what we wish to say is
equivalent to 'One and only one entity wrote Waoerley, and that
one had the property f'.

The explanation of denotation is now as follows. Every proposi-
tion in which 'the author of Waonlzy' occurs being explained as
above, the proposition 'Scott was the author of Waoerley' (i.e.
'Scott was identical with the autflor of Waoalqt') becomes 'One
and only one entity wrote Waoerley. and Scott was identical with
that one'; or, reverting to the wholly explicit form:'It is not always
false of * that .r wrote Waonley, that it is always true of 1 that if y
wrote Waoerley y is identical with r, and that Scott is identical
with r'. Thus if 'C' is a denoting phrase, it may happen that there
is one entity r (there cannot be more than one) for which the pro-
position 'r is identical with C'is true, this proposition being inter-
preted as above. We may then say that the entity tr is the denota-
tion of the phrase 'C'. Thus Scott is the denotation of 'the author
of Waonley'. The'C'in inverted commas will be merely thephrase,
not anything that can be called the meaning. The phrase pn se has
no meaning, because in any proposition in which it occurs the
proposition, fully expressed, does not contain the phrase, which
has been broken up.

The puzzle about George IV's curiosity is now seen to have a
very simple solution. The proposition'Scott was the author of
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Wazterley',which was written out in its unabbreviated form in the

p..".altig'paragraph, does not contain any constituent'the author

;t w;rr;l;y, fo"r which we could substitute ,Scott'. This does not

interfere with the truth of inferences resulting from 11\r-n8 thal
i" rtrtotty the substitution of 'Scott' for 'the author of Waaerley"

;; lorrg is 'the author of Waaeiley' has what I call a primary

o""rrrr!rr"" in the proposition considered' The difference of pri-

-".y ""a 
secondary o""u,.."""t of denoting phrases is as follows:

When we say: 'George lV wished to know whether so-and-so"

o, *fr"r, *" a"y 'So-anl-so is surprising' or 'So-and-so is true"

.i.., tft. 'so-and-so' must be a proposition' Suppose now.that

'so-and-so' contains a denoting pht"t"' We may either eliminate

this denoting phrase from the subordinate proposition.so-and-so',

oi fto* the" whole proposition in which 'so-and-so' is a mere

constituent. Difiereni piopositions result according to which we

do. I have heard of a touchy owner of a yacht to whom a guest' on

irc,1..i"g it, remarked, 'I thought your yacht was larger than it

is'; and tlie owner replied, 'No, iny yacht is not larger than it is"

What the g.t"rt .r,.".rt was, 'The size that I thought your.yacht

*". i. g.."i", than the size your yacht is';.the meaning attributed

to him"is, 'I thought the size of your yacht was greater-than.the

.ir" 
"iy"tt 

yachi. To return to George IV and Wattuley'when

*"-rgy,',c"oige IV wished to know wheth.r scott was the author

of. ffaaerley', we normally mean 'George IV wished to know

whether on-e and only one man wrote Waoerley and Scott was that

man'; but we may also mean: 'One and only one man wrote

Waverley, and George IV wished totnow whether Scott was that

man'. Ii the latter, the author of. Waoerley' has a prirnary occur-

rence ; in the forme t, a secondary. The latter might be expressed by

'George IV wished to know, concerning the man who rn tact

*ror"'Worrrley, whe&ter he was Scott" this would be true' for

"*"-pt", 
if George IV had seen Scott at a distance, and had asked

'Is that Scott?'. i second'ary occurrri:nce of a denoting phrase. may

be defined as one in whicl the phrase occurs in a propos*i"." ?

which is a mere constituent of the proposition we are considering'

and the substitution for the denoting phrate is to be effected in p'

not in the whole proposition concerned' The ambiguity as between

primary and secondary occurrences is hard to avoid in language;
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but it does no harm if we are on our guard against it. In symbolic
logic it is of course easily avoided.

The distinction of primary and secondary occurrences also
cnables us to deal with the question whether the present King of
lirance is bald or not bald, and generally with the logical status of
tlenoting phrases that denote nothing. If 'C' is a denoting phrase,
say 'the term having the property F', then
'C has the property {' means 'one and only one term has the

property fl and that one has the properry d'.*
I f now the property F belongs to no terms, or to several, it follows
tlrat 'C has the property f is false for all values of {. Thus 'the
prcsent King of France is bald' is certainly false; and 'the present
liing of France is not bald' is false if it means

"['here is an entity which is now King of France and is not bald',
lrut is true if it means

'lt is false that there is an entity which is now King of France and
is bald'.

'l'hat is, 'the King of France is not bald' is false if the occurrence
rrf 'the King of France' is primary, and true if it is secondary. Thus
nll propositions in which 'the King <rf France' has a primary
occurrence are false; the denials of such propositions are true, but
rn them 'the King of France' has a secondary occurrence. Thus we
cscape the conclusion that the King of France has a wig.

We can now see also how to deny that there is such an object as
tlrc difference between A and B in the case when A and B do not
rlilfer. If u4 and B do differ, there is one and only one entity r such
tlr:rt'r is the difference between A and B'is a true proposition;
il A and B do not differ, there is no such entity,r. Thus according
to the meaning of denotation lately explained, 'the difference be-
f wt:cn I and B'has a denotation when A and B differ, but not

'tlrcrwise. This difference applies to true and false propositions
gcrrcrally. If. 'a R D' stands for 'a has the relation R to D', then
rvlrcn a R 6 is true, there is such an entity as the relation R between
,r lntl 6; when aRD is false, there is no such entity. Thus out of
,rily proposition we can make a denoting phrase, which denotes
rrr t:ntity if the proposition is true, but does not denote an entity

' 'l'his is the abbreviated, not the stricter, interpretation.
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if the proposition is false. E.g., it is true (at least we will suppose
so) that the earth revolves round the sun, and false that the sun
revolves round the earth; hence'the revolution of the earth round
the sun' denotes an entity, while 'the revolution of the sun round
the earth'does not denote an cntity.*

The whole realm of non-entities, such as 'the round square',
'the even prime other than z','Apollo', 'Hamlet', etc., can now be
satisfactorily dealt with. All these are denoting phrases which do
not denote anything. A proposition about Apollo means what we
get by substituting what the classical dictionary tells us is meant
by Apollo, say 'the sun-god'. All propositions in which Apollo
occurs are to be interpreted by the above rules for denoting
phrases. If 'Apollo' has a primary occurrence, the proposition con-
taining the occurrence is false; if the occurrence is secondary, the
proposition may be true. So again 'the round square is round'
means 'there is one and only one entity tr which is round and
square, and that entity is round', which is a false proposition, not,
as Meinong maintains, a true one. 'The most perfect Being has all
perfections; existence is a perfection; therefore the most perfect
Being exists' becomes:

'There is one and only one entity r which is most perfect; that
one has all perfections; existence is a perfection; therefore that
one exists'. As a proof, this fails for want of a proof of the premiss

,'there is one and only one entity r which is most perfect'.t
Mr. MacColl (Mind, N.S., No. 54, and again No. 55, page 4or)

regards individuals as of two sorts, real and unreal; hence he
defines the null-class as the class consisting of all unreal individuals.
This assumes that such phrases as 'the present King of France',
which do not denote a real individual, do, nevertheless, denote an
individual, but an unreal one. This is essentially Meinong's theor/,
which we have seen reason to reject because it conflicts with the
law of contradiction. With our theory of denoting, we are able to

r The propositions from which such entities are derived are not iden-
tical either with these entities or with the propositions that these entitiee
have being.

t The argument can be made to prove validly that all members of the
class of most perfect Beings exist; it can also be proved formally that thig
class cannot have more than one member; but, taking the definition of
perfection as possession ofall positive predicates, it can be proved almost
equally formally that the class does not have even one member.
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hold that there are no unreal individuals; so that the null-class is
the class containing no members, not the class containing as mem-
lrers all unreal individuals.

It is important to observe the effect of our theory on the inter-
pretation of definitions which proceed by means of denoting
phrases. Most mathematical definitions are of this sort; for example
'm-n means the number which, added to a, gives m'. Thus m-n
is defined as meaning the same as a certain denoting phrase; but
we agreed that denoting phrases have no meaning in isolation. Thus
what the definition really ought to be is: 'Any proposition contain-
ingm-n is to mean the proposition which results from substituting
ior "m-n" "the number which, added to z, gives rn".'The result-
ing proposition is interpreted according to the rules already given
lirr interpreting propositions whose verbal expression contains a
rfenoting phrase. In the case where m andn are such that there is
one and only one number x which, added to z, gives nr, there is a
number r which can be substituted for m-z in any proposition
containing m-n without altering the truth or falsehood of the
proposition. But in other cases, all propositions in which 'rn-n'
has a primary occurrence are false.

The usefulness of identily is explained by the above theory.
No one outside a logic-book ever'wishes to say 'x is trc', and yet
assertions of identity are often made in such forms as 'Scott was
the author of Waaerhy' or 'thou art the man'. The meaning of such
propositions cannot be stated without the notion of identity, al-
though they are not simply statements that Scott is identical with
another term, the author of Waoerley, or that thou art identical with
another term, the man. The shortest statement of 'Scott is the
author of Wazterley' seems to be'Scott wrote Waaerley; and it is
irlways true of y thatif y wrote Waaerley, y is identical with Scott'.
It is in this way that identity enters into 'Scott is the author of
Waaerley'; and it is owing to such uses that identity is worth
affirming.

One interesting result of the above theory of denoting is this:
when there is anything with which we do not have immediate
:rcquaintance, but only definition by denoting phrases, then the
propositions in which this thing is introduced by means of a
denoting phrase do not really contain this thing as a constituent,
l)ut contain instead the constituents expressed by the several words
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of the denoting phrase. Thus in every proposition that we can
apprehend (i.e. not only in those whose truth or falsehood we can
judge of, but in all that we can think about), all the constituents
are really entities with which we have immediate acquaintance.
Now such things as matter (in the sense in which matter occurs
in physics) and the minds of other people are known to us only by
denoting phrases, i.e. we are not acquainted with them, but we
know them as what has such and such properties. Hence, although
we can form propositional functions C (r) which must hold of
such and such a material particle, or of So-and-so's mind, yet we
are not acquainted with the propositions which affirm these things
that we know must be true, because we cannot apprehend the
actual entities concerned. What we know is'So-and-so has a mind
which has such and such properties' but we do not know 'l has
such and such properties', where A is the mind in question. In
such a case, we know the properties of a thing without having
acquaintance with the thing itself, and without, consequently,
knowing any single proposition of which the thing itself is a
constituent.

Of the many other consequences of the view I have been advo-
cating, I will say nothing. I will only beg the reader not to make up
his mind against the view-as he might be tempted to do, on
account of its apparently excessive complication-until he has
attempted to construct a theory of his own on the subject of
denotation. This attempt, I believe, will convince him that, what-
ever the true theory may be, it cannot have such a simplicity as
one might have expected beforehand.

Mathematical Logic as based on the Theory of
Types

In this paper, originally published in the Arv'nnrcew JounN.nl or
Mernrvrerrcs, Russell oflns his celebrated approach to the solution
of a set of clasical mathematical and logical problems inaolaing the
dPPearance of contradiction. The doctrine of types (as he then called
it) was 'put forward tmtatioely' in the second appmdix /o Tsr
I)ntNclptns or Mennvrerrcs, d aaluable discuss;on from the point
of aiew of history, since it shouts us these ideas in the form they took
shortly after they first came to Russell in the opening years of the
(entuly, although (in the words of the Introduction he wrote to the
srcond edition of the Pnwcnr,Es rz ry37) as 'only a rough shetch'.
'l'he paper reprinted here giaes us whst utas in efect the finished
llrcory, although these ideas are bettn seen in the larger context in
which they rea?pear in the first oolume of the PwNupn Mernn-
M^rrcA (r9ro).

'l'he theory of types has played such an important role in modern
philosophy that it is pointless to comment further on its significance,
tilhcr than to say that this paper is one of Russell's finest and unixers-
illy achnoaiedged to be a mastnpiece of recent philosophic thought.
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We have not succeeded in proving that each of these four

classes is a completely perfect series, but each of them is perfect

either to the right or the left, that is to say, either for regressions

or for progressions. 'l'he logical sum of Ttut and Q)|t, ot of i<'r and

-i 
i. . perfect series, but in general that series will not be compact.

For if t-hcre exists in z a progression o and a regression o'having

the same limit in z (which is known to be possible), then tt andtt''-

will be consecutive in the series zar v om f.or o'r' contains only a

single term which does not belong to n7), namely the common

limit. 'l'here fore na v <,rz is not in general a continuous series'

We have not succeeded in proving that any Progression or re-
gression in z has a limit, because we do not know an examPle of a

Eo*pr.t series of which no tenn is not a principal element (in the

langi,age of Cantor). We have not been able to prove that there are

terms of zar which are limits of regressions, etc.
Onc knows after Cantor how to Prove all these theorems if 4

is a <lcnumerable series [Rladsta di Matematica, Yol' V, PP:
rz9-62). We do not develop this subjec't, since it has been referred

to prcviously by Cantor. In $6 we have only wished to deduce the

rc*i,lt. whic-h aie valid for all compact series, without introducing

othcr conditions.

On Denoting

. T\ vglune o/ Mryo for ryo5 appears superfuiaily to be an out_
dated collection_of the sort of papers that usaally fill-journals issued
by and for academic mm. one wourd assume front-;t ihat the conflict
betanen idealists and pragmatists orer the iature of truth a,ai the
mos!.im?ortant thing in the world. Embedded in this context of philo-
sophh warfare and dwarfed by tht sevmty-eight page disqt;iit;on on
'Pragnmtivn v. Absolutisn' that precedei lt ;i 

" 
joituen:page paper

by Russell which he has called his finest philonphicat'rsioy'. it,
editor of MrNo, Professor G. F. Stout, regarded-it as unusial and
unconamtional, but none thc less had the sound judgment to ptint it.
IIml many of his readers undentood it remains an qpen gtestion.

ON DrNouNG r's a milzstone in the dnelopmeni of iontemporary
lthilosophy, yveah.ng once ,nore Russell's inaentiamiss and strihing
originality in thought. Ironically 'Jt contains a minor error. G. E.
Moorc has pointed out that Russell,s,shoilest statemtnt, at the close
o.f-the pap? is faulty because of the anbiguity of the verb ,to write,.
'Scott is the author o/ Wevrnrnl,' does not, therefore, have the same
mcan'ing as'scott wrote wtwRLEy', tince scott (lihe blind Milton)
may be.th1 aujhoy of the work tpithout being the person who litnally
turote it for the first time. Russell has accepted this correetion,atiih
t'tluanimity'.t rhe right to feel,ltatronizing about this slip is reseraed
h.v law to those who haoe done as much for philosophy ai Russeil and
fufunre.

'l'he fulln dmelopment of these idcas is the anll-knoun theory of
lese.iptions, the full statement of which was to come fiae years iater
with the publication of the first volume of the pnricrpli MnrHr-
MA l  rcA.

t'fhe Philosophy of Benrand RusseII, Evanston and Cambridge, 1944
cl tfll , p. 69o. Moore's well-known essay is o p. r77 ff. of the same
v, r l t  t tnc.


